It is a classical result that every subharmonic function, defined and L p -integrable for some p, 0 < p < +∞, on the unit disk D of the complex plane C is for almost all θ of the form o((1 − |z|) −1/p ), uniformly as z → e iθ in any Stolz domain. Recently Pavlović gave a related integral inequality for absolute values of harmonic functions, also defined on the unit disk in the complex plane. We generalize Pavlović's result to so called quasi-nearly subharmonic functions defined on rather general domains in R n , n ≥ 2.
Introduction

Previous results.
The following theorem is a special case of the original result of Gehring [ 
where p > 0, β > −1, then
for almost all θ ∈ [0, 2π).
Observe that Gehring, Hallenbeck and Stoll in fact considered subharmonic functions and that the limit in (2) was uniform in Stolz approach regions (in Stoll's result in even more general regions). For a more general result, see [19, Theorem, p 
Moreover, there is a constant C = C p,β such that J(u) ≤ C I(u).
The purpose of this note is to point out that, with the aid of [19, Theorem, p . 31], one can extend Theorem B considerably: Instead of absolute values of harmonic functions on the unit disk D in the complex plane C we will consider nonnegative quasi-nearly subharmonic functions defined on rather general domains of R n , n ≥ 2. See Theorems 1 and 2 below.
First the necessary notation and definitions.
Notation.
Our notation is fairly standard, see e.g. [19, 21, 6] . However, for convenience of the reader we recall the following. The common convention 0 ·∞ = 0 is used. The complex space C n is identified with the real space R 2n , n ≥ 1. In the sequel D is an arbitrary domain in R n , n ≥ 2, D = R n , whereas Ω is a bounded domain in R n whose boundary ∂Ω is Ahlfors-regular with dimension d, 0 ≤ d ≤ n (for the definition of this see 1.6 below).
is the Euclidean ball in R n , with center x and radius r, and B(x) = B n (x,
We write B n = B(0, 1) and S n−1 = ∂B n . m is the Lebesgue measure in R n , and ν n = m(B n ).
Our constants C and K are always positive, mostly ≥ 1 and they may vary from line to line. (One exception: In the proof of Theorem 2 we write K for ∂Ω, just in order to follow our previous notation in [19] .) On the other hand, C 0 and r 0 are fixed constants which are involved with the used (and thus fixed) admissible function ϕ (see 1.5 (5) below). Similarly, if α > 0 is given, 
Nearly subharmonic functions. We recall that an upper semicontinuous function
u : D → [−∞, +∞) is subharmonic if for all B n (x, r) ⊂ D, u(x) ≤ 1 ν n r n Z B n (x,r)
u(y) dm(y).
The function u ≡ −∞ is considered subharmonic.
We say that a function u :
Observe that in the standard definition of nearly subharmonic functions one uses the slightly stronger assumption that u ∈ L 1 loc (D), see e.g. [6, p. 14] . However, our above, slightly more general definition seems to be more useful, see [21, Proposition 2.1 (iii) and Proposition 2.2 (vi), (vii), pp. 54-55].
Quasi-nearly subharmonic functions. A Lebesgue measurable function
for all M ≥ 0, where
A function u :
Quasi-nearly subharmonic functions (perhaps with a different terminology), or, essentially, perhaps just functions satisfying a certain generalized mean value inequality, more or less of the form (3) or (4) above, have previously been considered or used at least in [3, 25, 8, 14, 24, 5, 11, 9, 23, 15, 10, 16, 17, 18, 13, 19, 20, 21, 7] . We recall here only that this function class includes, among others, subharmonic functions, and, more generally, quasisubharmonic and nearly subharmonic functions (for the definitions of these, see above and e.g. [6] ), also functions satisfying certain natural growth conditions, especially certain eigenfunctions, polyharmonic functions, subsolutions of certain general elliptic equations. Also, the class of Harnack functions is included, thus, among others, nonnegative harmonic functions as well as nonnegative solutions of some elliptic equations. In particular, the partial differential equations associated with quasiregular mappings belong to this family of elliptic equations, see Vuorinen [26] . Observe that already Domar [2] has pointed out the relevance of the class of (nonnegative) quasi-nearly subharmonic functions.
To motivate the reader still further, we recall here the following, see e.g. 
is K-quasi-nearly subharmonic, but not necessarily conversely. (ii) A nonnegative Lebesgue measurable function is K-quasi-nearly subharmonic if and only if it is K-quasi-nearly subharmonic n.s. (iii) A Lebesgue measurable function is 1-quasi-nearly subharmonic if and only if it is 1-quasi-nearly subharmonic n.s. and if and only if it is nearly subharmonic (in the sense defined above). (iv) If u : D → [0, +∞) is quasi-nearly subharmonic and p > 0, then u p is quasi-nearly subharmonic. Especially, if h : D → R is harmonic and p
for all s, t, 0 ≤ s, t ≤ r 0 .
Functions ϕ 1 (t) = t τ , τ > 0, or, more generally, nonnegative, increasing surjective functions ϕ 2 (t) which satisfy the ∆ 2 -condition and for which the functions t → ϕ 2 (t) t are increasing, are examples of admissible functions. Further examples are ϕ 3 (t) = ct α [log(δ + t γ )] β , where c > 0, α > 0, δ ≥ 1, and β, γ ∈ R are such that α + βγ > 0. For more examples, see [15, 18] .
Let ϕ : [0, +∞) → [0, +∞) be an admissible function and let α > 0. One says that ζ ∈ ∂D is (ϕ, α)-accessible, shortly accessible, if
and it is called a (ϕ, α)-approach region, shortly an approach region, in D at ζ. Choosing ϕ(t) = t (in the case of the unit disk D of the complex plane C) one gets the familiar Stolz approach region. Choosing ϕ(t) = t τ , τ ≥ 1, say, one gets more general approach regions, see [23] .
Let 0 ≤ d ≤ n.
A set E ⊂ R n is Ahlfors-regular with dimension d if it is closed and there is a constant C 4 > 0 so that 
Then there is a constant C
where
Proof. Proceeding as in [19, 
Here and below the constants 
where also C 4 is a fixed constant. Therefore
concluding the proof. 
2.2
Proof. By Theorem 1 (we may clearly assume that 
